Theorem 1 (Dominated convergence of Lebesgue) Assume that g is an inte-
grable function defined on the measurable set E and that ( f,), ., is a sequence
of measurable functions so that | f,| < g. If f is a function so that f, — f

almost everywhere then
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Proof: The function g-f, is non-negative and thus from
Fatou lemma we have that f(g-f) < liminf [(g-f,). Since
| fl1<gand]|f,| <gthefunctions f and f, are integrable

and we have i i
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Ozwpnua 2 (Kuprapxnuévng obykMiong Tou Lebesgue) Eotw 0Tt n g givat pia
0AOKANPWOIUN GUVAPTNON OPIOUEVN OTO PETPHOIHO GUVOAO E kau n (f,), .y &l
vai pia akoAouBia peETpROIpWY ouvapThocwy woTe | f.| < g. YmoBeToupe Ot
umapxet pia ouvaptnon f wote n (f,),cy va Teivet otnv f oxed0v mavrol. Tote
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Anodei§n: H ouvaptnon g - f,, eivat un apvntikg Kot dpa
omo To Afjppa Tou Fatou toxvet f(f - g) < liminf f(g - f,).
Emedn | f| < gkat|f,| < gotfka f, €ivar oAokAnpwot-
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