Theorem 1 (Dominated convergence of Lebesgue) Assume that g is an integrable
function defined on the measurable set E and that ( f,,),ecy 15 @ sequence of mea-
surable functions so that | f,,| < g. If f is a function so that f, — f almost

everywhere then
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Proof: The function g— f,, is non-negative and thus from
Fatou lemma we have that [(g — f) < liminf [(g — f,).
Since | f| < g and | f,| < ¢ the functions f and f, are

integrable and we have . .
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Oeapnua 2 (Kuprapxnuévng oykhong tou Lebesgue) Estw o7t 1 g givar wa
ONOKANQWEILT, 6UVAQTNET 0016UEVT) 6TO UETPTELUO 6UvoNo E kai 1 ( f,),en Eivar
wia akodovdia uetpnsipwy svvagthsewy wete | f,| < g. Ymodérovue oT1 vadgyer
wia svvdptnen f were 1 (f,)nen va TEiVEL 6TNY [ )80V mavrov. T oTe
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Anodbderén: H ouvapinon g— f,, eivar pn apvnrikn ka apa
ano6 1o Afppa tou Fatou wyter [(f —g) < liminf [(g— f,).
Enedn | f| < gxar|f,| < gofxa f, eivar ohokAnpoorpeg,
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